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Abstract: Naturally fractured reservoirs differ significantly from conventional reservoirs due to 
the presence of fractures that promote fluid flow and reservoir connectivity. This study used 
dual-porosity and dual-permeability models to analyze well data from the Ellenberger field in 
Texas, USA. Dual-porosity systems simplify the complexities of fractured reservoirs with natural 
gaps, including fractures, and caverns, , by dividing them into two basic systems - a fluid-
conducting network and a storage matrix. The conductive network enhances fluid transport, 
while both media serve as effective fluid storage. The models developed are characterized by 
marked variations in their conceptual assumptions regarding the fluid flow mechanism across the 
matrix. The current models are based on matrix blocks of regular shapes, for instance cylinders, 
cubes, and spheres, and suppose that fluid exchange between the matrix and fractures arises 
under pseudo-steady state or unsteady conditions. In the present oil field, well tests, such as 
pressure buildup and drawdown, based on diffusion equations, have been performed to 
characterize naturally fractured reservoirs. A mathematical model was developed based on well 
pressure data during production, with shut-in periods analyzed to evaluate reservoir behavior 
accurately. The results showed that the fractures in this field classify it as Type I, where fractures 
play a vital role in providing porosity and permeability to the reservoir, as well as wide drainage 
zones per well and rapid production decline rate.  
Keywords: Dual permeability; Dual porosity; Heterogeneous reservoirs; Storage capacity; 
Production. 
 
 
1. Introduction 
A naturally fractured reservoir is a type of reservoir characterized by rocks exposed to 
geomechanical processes that result in fractures. These fractures occur when differential forces 
acting on the rock exceed its elastic limits, leading to rupture. As a result of these processes, the 
reservoir consists of two main components: the matrix and fractures. The majority of the oil 
world reserves are located in naturally fractured carbonate reservoirs, which are characterized by 
a complex and heterogeneous porosity system. Warren and Root [1] presented the significance of 
dual porosity performance in the oil and Gas industry, developing an idealized analytical model 
for the flow of monophasic compressible fluids within heterogeneous reservoirs. Figure (1) 
shows the reservoir is represented in the model using rectangular cubes that reflect the blocks of 
the matrix, while the spaces between them represent the fractures. According to the model, 
fractures have high permeability and low storage capacity, while the matrix has high storage 
capacity with low permeability. The fluid flow occurs primarily through the fracture network, 
while the matrix supplies the stored fluids. It is also assumed that flow between the matrix and 
fractures occurs in a pseudo-steady state, enhancing a deeper understanding of fluid behavior 
within these reservoir systems. 
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Figure 1. A Model for a Naturally Fractured Reservoir[1] 

Warren and Root [1] supposed that using the same parameters as homogeneous reservoirs, 
fractured reservoirs can potentially be modeled two further parameters that take into account 
effect of fractures. They demonstrated that the pressure transient behavior of such a reservoir 
exhibits a characteristic behavior, represented by the appearance of two parallel straight lines on 
a semi-logarithmic scale. Later, Kazemi [2] introduced a model comparable to Warren and Root 
[1], based on the concept of transient flow between pores within the rock matrix. Kazemi utilized 
numerical solutions to analyze the pressure response in a closed circular reservoir containing a 
central well, assuming all fractures are horizontal. An idealized representation of Kazemi's [2] 
model, which is based on unsteady monophasic flow in both the radial and vertical directions as 
shown in Figure (2). The model focuses on the movement of fluids from the matrix of rock that 
has high storage capacity and low permeability, to the fractures, which have low storage capacity 
and high permeability, creating complex hydrodynamic behavior that affects the pressure 
response of the system.  

 
Figure 2. Naturally Fractured Reservoir[2] 
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The extracted solutions resulted in three parallel straight lines on a semi-logarithmic scale. The 
first and third lines correspond to the behavior of Warren and Root [1]; at the same time, the 
resulting solutions are close to the results of Warren and Root [1], with the main difference being 
the phase transition between fluid flow within the fractures and the overall system flow, which is 
represented by the second semi-logarithmic line. Kazemi [2] confirmed the continued validity of 
the Warren and Root [1] model for describing unsteady flow in naturally fractured reservoirs, 
emphasizing that the interpore flow coefficient value depends on the mechanism of fluid 
migration from the rock matrix to the fractures, reflecting the complexity of hydrodynamic 
interactions within the reservoir. De Swaan [3] developed an analytical model for dual porosity 
to describe dual porosity, including the effect of transient flow within the matrix, using a 
different geometry than that used by Kazemi [2]. De Swaan provided analytical solutions for 
early and late times in ideal spherical and plate reservoir models, but solutions for the transition 
period were not provided. Najurieta [4] enlarged the solutions provided by De Swaan [3] to 
include an accurate description of the transition period, focusing on transient behavior within the 
matrix. Najurieta [4] introduced a simple slab and cube model, and also recommended a 
methodical approach for interpreting well-test data in naturally fractured reservoirs. Bourdet-
Gringarten [5] presented an improved group of type curves to analyze the effects of fluid storage 
in dual-porosity systems and expanded curves by restructuring the parameter sets according to 
the solutions provided by Mavor and Cinco-Ley [6]. Based on well test data, Gringarten et al. [7] 
also demonstrated how to apply the type curves to estimate matrix bulk volume and crack 
volume in fractured reservoirs. Utilizing pressure-derived type curves in well testing to interpret 
naturally fractured reservoirs proposed by Bourdet et al. [8]. An experimental design was used to 
analyze the sensitivity of reservoir performance, integrating geological and operational 
parameters, with a focus on improving reservoir management through statistical modeling. The 
key factors affecting production efficiency were highlighted and the predictive capabilities of 
complex reservoir systems were enhanced by Al-Mudhafer et al. [9]. Al-Hilali et al. [10] focused 
on the evaluation of permeability behavior in complex reservoirs using integrated petrophysical 
procedures and the flexibility of the introduced methodology to provide accurate reservoir 
characterization while Ali et al. [11] highlighted the characteristics of carbonate reservoirs in 
northern Iraq. Jie H. et al. [12] presented an innovative methodology for simulating fluid flow in 
fractured carbonate reservoirs, based on the transient Brinkman model. This iterative, physics-
based approach aims to improve the accuracy of production predictions by focusing on fracture 
geometry rather than permeability, enhancing the accuracy of reservoir characterization and 
modeling. Silva-Escalante [13] used fractal modeling to characterize naturally fractured 
reservoirs by incorporating permeability and porosity distributions into simulations and focused 
on unique pressure responses and production scenarios, with a core on the influence of fractal 
dimensions on reservoir behavior, improving characterization and prediction capabilities for 
complex reservoirs. 
2. Geological Setting  
The Ellenberger Formation is the deepest oil-producing horizon in North Texas, is a secondary 
exploration target. Ellenberger oil production is characterized by the following features: (1) 
small structural features, (2) high gravity, typically above 40° API, (3) undersaturation, (4) 
associated water production, and (5) primary recovery of 25% of the initial oil in-situ. Although 
most of the oil remains unrecovered at the end of primary operations, secondary recovery 
techniques are currently uneconomical due to the small size of the structures and water flow. In 
reservoirs with large differences between matrix and fracture permeability, there may be 
potential to increase ultimate recovery by utilizing water absorption from fractures into the 
matrix, requiring alternating production and shutdown cycles. Figure (3) illustrates the structural 
map of the Ellenberger Formation. 
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Figure 3. The stracture map of the Ellenburger formation[14] 

3. Mathematical Modeling 
According to the adopted model, the transfer of fluids from the matrix to the fracture system is 
supposed to occur under pseudo-steady conditions , while the total production of fluids within 
the reservoir is considered to take place exclusively through the fracture system, where the flow 
within this system is represented as a radial flow. This model matches with the Warren and Root 
model [1] and the diffusivity equation is modified as follows:  
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So, the diffusivity equation can be expressed in dimensionless form as: 
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The differential equation describing the flow in a matrix under pseudo-steady conditions is as 
follows:  
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In dimensionless form, it becomes: 
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4. Results and Discussion 
When the Ellenberger field was with an initial pressure of 5,000 psi and a reservoir temperature 
of 212°F. The initial gas-to-oil ratio (RSI) was for a 45° API 562 SCF/STB gravity crude, with a 
gas gravity of 0.7. Table 1 shows main PVT data for the Ellenberger field. 

Table 1. Main PVT data of Ellenberger field. 
 

 
 

 
 

 
 

 
 

 
4.1. Behavior of Dual-Porosity Model 

4.1.1. Test History of Well #Az 
Well # Az was chosen for simulation in this field, producing at a rate of 600 metric tons/day for 
24 hours, then shut down for 48 hours, as shown in Figure 4. The values used in the simulation 
are: Omega = 0.52, Lambda = 1E-9, K = 3000 m3/day, and Re = 5000 ft. 

 
Figure 4. Reservoir pressure[psia], Rate of liqued [surface bbl/Day] vs. Time [hr]), history 

Plot 
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Omega values indicate a high fracture contribution to storage capacity, and the value of lambda 
indicates a high fracture contribution to flow capacity. 
4.2. Drawdown Test 

Figures 5 and 6 show the results of the pull test fit. 
Where the values are: 
C = 0.0145 bbl/sq. in, Skin = -0.0195, initial reservoir pressure = 5000 psi, k.h = 1.5E + 5 md.ft, 
k = 3000 mdarcy, Omega = 0.486, Lambda = 1.03E-9.  

 
 

 
 

 
 

 
 

 
 

 
 

 
 

 

Figure 5. Log-Log Plot :P-P@dt=0, Derivative [psia] vs dt [hr] 
Figure 5 (Log-Log) shows a perfect fit of the curves, with no V-shape in the signal due to the 
matrix feed approaching zero. The behavior appears similar to that in a finite homogeneous 
reservoir. 
 

 
 

 
 

 
 

 
 

 
 

Figure 6. MDH Plot : P [psi], Derivative [psia] vs log(dt) 
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Figure 6 (Semi-Log) shows a perfect fit to the curves and shows two pseudo-straight lines as 
shown in the derivative curve. The behavior appears similar to that in a finite homogeneous 
reservoir. 

4.3. Buildup Test 
Figure 7 shows the matching results for build up log-log plot; 

Where the values are: 
Re-no flow=5650 ft, Initial reservoir pressure=5000 psi, K.h=1.49E+5 md.ft, K=2980 mdarcy, 
Omega=0.494, Lambda=1.01E-9.  
Figure 7 (Log-Log) shows the perfect matching of curves and the V-shape signature reflecting 
boundary effects. 
 

 
 

 
 

 
 

 
 

 
 

 
 

Figure 7. Log-Log plot: p-p @ dt = 0, Derivative [psi] vs dt [hr] 
Figure 8 and 9 show the matching results for build up sime-log Horner plot; 

Skin=5.99, K.h=2.51E+5 md.ft, K=5020 mdarcy, Omega=0.271, Lambda=1.68E-10.  
  

 
 

 
 

 
 

 
 

 
Figure 8. Hornerplot: reservoir pressure [psi] vs log(tp+dt)-log(dt) 
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Figure 9. Hornerplot:reservoir pressure [psi] vs log(tp+dt)-log(dt) 

Semi-log plot shows wrong straight lines identification leads to enormously erroneous results.  
5. Conclusions            
1. The semi-logarithmic straight line should be treated with caution, as the effects of boundaries 
and well storage in heterogeneous and bounded reservoirs may manifest similarly. 
2. Homogeneous models with bounded boundaries do not exhibit Type I behavior, making the 
application of return models impossible. 
3. A prominent V-shape is clearly observed when analyzing well tests, indicating that the 
fractures in this field are Type I. 
4. Fitting model curves with derivatives is an effective tool for analyzing all types of reservoirs 
with natural fractures. 
5. The same behavior can be modeled using different approaches, depending on the nature of the 
reservoir and the available data. 
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